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FOREWORD 

New materials and technological developments in electronics and computers have 

changed all of the industries, as well as the world itself. Therefore the types and 
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level sensor have been performed, while a novel liquid level sensor design using 

laser optics technology based on Whispering-gallery mode has been presented with 

the precise experimental results achieved. 
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A NOVEL LIQUID LEVEL SENSOR DESIGN USING LASER OPTICS 

TECHNOLOGY  

SUMMARY  

The discovery of new materials and the technological developments in electronics 

have changed the whole industry and the world. Today sensors are being used nearly 

in every application of aeration, space, naval, automotive, civil, mechanical, 

industrial, electronics and computer engineering as well as advanced medicine, 

medical sciences and many other areas, and led to innovations and advances to every 

process when used. 

The study has started with the need of highly sensitive, compact liquid level 

measurement sensor which can be used even in flammable medium. To provide the 

demand, the positive and negative features and aspects of the current sensors, the 

literature and similar studies have been investigated. At fir st, a valid ultrasonic liquid 

level sensor has been analyzed to meet the requirements by improving its 

characteristics. For improving and solving the problems of the current sensor, finite 

element analysis has been performed until reaching a new model, which can be used 

to build the initial production prototypes. Although consideration of the results has 

shown that to meet all of the targets, a new and highly sensitive liquid levels sensor 

has to be developed, which should be the next step of the study. 

When looking through the techniques of the liquid level detection, it has been seen 

that there is a wide variety of detection methods. Some of them are: sensors working 

mechanically with Archimedesô principle, floating level sensors, magnetic liquid 

level indicators, liquid level sensors using ultrasound and lambda waves to measure 

the flight time of the waves, Nuclear level switches using low level radiations 

emitted by radioactive sources, and various optical detection methods. In some of the 

optic applications, optic sensors are located at top or bottom level according to liquid 

existence and  some of the fiber optic based systems measure the liquid level by the 

change of the refractive index. 

Other than these, when investigating some other common sensors, capacitive 

pressure measurement systems based on principle that measures the pressure change 

between the capasitor plates, strain gage systems which measure the pressure by 

shape changes, load cell type systems and piezoelectric pressure measuring systems 

has been evaluated. 

These systems usually have sensitivity problems. As an example, ultrasonic liquid 

level systems in automotive applications have Ñ1mm liquid height sensitivity values, 

while most of the precise pressure measurement sensors are sensitive to measure 50-

100 kpa.  

The theory of this study was found many years ago when it was seen that sound 

waves in whispering tone bounce along the circular gallery of St Paul's Cathedral 

with very little loss, and this phenomenon was named as Whispering Gallery Mode 

http://en.wikipedia.org/wiki/St_Paul%27s_Cathedral
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(WGM). Today WGM theory has been introduced into modern electronics, and as a 

result, it has become an advanced theory including optical physics and electronics. In 

modern WGM applications, when laser light comes into the microsphere in its 

contact point with the tapered film, the light undergoes total internal reflections in 

the sphere. After repeated total internal reflections at the curved boundary, the 

electromagnetic field can close on itself and a resonance occurs on the light signal 

going to the photodiode. 

More importantly these resonances change when there is a change on the refractive 

index or geometry. The resonance frequencies shift with the changes of the 

microsphere size and/or the optical properties of the surrounding medium. One of the 

biggest advantages of the WGM theory is that very small values such as 10
-5 

N can 

be detected by using this method. 

For evaluating the possibility of developing a higly sensitive novel liquid level 

sensor using WGM phenomenon Southern Methodist University Microsensors lab. 

has been visited. After many meetings and discussions, it has been considered that a 

new kind of highly sensitive liquid level sensor can be developed by using the WGM 

phenomenon, in the Micro sensors lab. facilities of Southern Methodist University, 

where the experiments of the novel sensor have been performed. 

The novel sensor shows that the dependence of WGM shifts to liquid levels can be 

assumed as perfectly linear all the measurement range without being affected by the 

amount of liquid in the container. A Pa change in liquid pressure, results as high as 

3,12 pm WGM shifts, which have been observed during the liquid level experiments. 

When the axis have been switched, it can be estimated that the values are ranging 

between 0,033-0,053 mm of water level per pm WGM shift of the Laser Spectrum, 

again with a perfect linear correlation. It has also been calculated that the total 

uncertainity of the experiments is assumed to be around Ñ1,12%, which might be 

improved with the usage of equipments with higher accuracy. 

Also nother advantage relies on the WGM phenomenon, in which this novel sensor 

can be worked in any environment without being affected by the availability of 

flammable liquids and gasses etc. 

As a result of this study, a novel high-tech laser-optic technology based liquid level 

measurement sensor has been designed which can be used in automotive, aerospace 

& aviation industries, medicine, defense, civil engineering, and  many other fields. 
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LAZER OPTĶK TEKNOLOJĶSĶ ĶLE YENĶ BĶR SIVI SEVĶYE SENS¥R¦ 

¥ZET 

Elektronik ve bilgisayar sektºrlerindeki teknolojik geliĸmeler ve yeni malzemelerin 

keĸfi b¿t¿n end¿stri kollarēnē deĵiĸtirdiĵi gibi, d¿nyayē da baĸtan aĸaĵē deĵiĸtirmiĸ ve 

deĵiĸtirmeye de devam etmektedir. G¿n¿m¿zde sensºrler, havacēlēktan otomotive, 

uzay ­alēĸmalarēndan, makine, inĸaat sektºrlerine ve hatta tēp alanēna kadar, 

m¿hendisliĵin kullanēldēĵē her alana girmiĸ ve girdiĵi alanlarda, sadece mevcut 

metodlarē kolaylaĸtērmakla kalmamēĸ, aynē zamanda b¿y¿k yeniliklere ve 

ilerlemelere yol a­mēĸtēr.  

Bu ­alēĸmaya y¿ksek hassasiyete sahip, yanēcē ve patlayēcē ortamlardan etkilenmeden 

­alēĸabilecek yeni bir sēvē seviye sensºr¿ ihtiyacē ile yola ­ēkēlmēĸ, bu talebi 

karĸēlayabilmek icin mevcut sensºrlerin artē ve eksi yºnleri, bunun yanēnda 

literat¿rde benzeri ­alēĸmalar incelenmiĸtir. Ķlk ºnce mevcut ultrasonik bir seviye 

sensºr¿ndeki sorunlarē ­ºzebilmek adēna sonlu elemanlar analizleri yapēlmēĸ ve 

­alēĸma ilk imalat prototipleri ¿retilip testler yapēlacak noktaya kadar getirilmiĸtir. 

Ancak bu ­alēĸma sonucunda istenen hassasiyet noktasēna ulaĸēlamayacaĵē gºr¿ld¿ĵ¿ 

i­in tamamen yeni bir sēvē seviye sensºr¿ geliĸtirme fikri ortaya ­ēkmēĸtēr. Sensºr¿ 

geliĸtirme aĸamalarē planlanmēĸ ve daha sonra detaylarēyla anlatēlacak olan deneysel 

sonu­larla fikrin doĵrulanmasē saĵlanmēĸtēr. 

Tekniĵin bilinen durumuna gºz atēldēĵēnda sēvē seviyesi tespit yºntemlerinin ­ok 

­eĸitli olduĵu gºzlemlenmiĸtir. Bunlardan bazēlarē, Arĸimed prensibiyle mekanik 

olarak sēvēlarēn kaldērma kuvvetini ºl­en sistemler, ĸamandēralē sēvē seviye tespit 

sistemleri, manyetik seviye indikatºrleri, ultrasonik ses ve lambda dalgalarēyla bu 

dalgalarēn gidiĸ-geliĸ s¿relerine gºre mesafeyi ºl­en sistemler, d¿ĸ¿k enerjili gamma 

ēĸēmasē ile n¿kleer sēvēlarēn seviyesini ºl­mekte kullanēlan sistemler ve ­eĸitli temel 

optik uygulamalarēdēr. Bu optik uygulamalarēn bazēlarē, sēvēnēn mevcudiyetine gºre 

¿st veya alt seviyede konumlandērēlan optik sensºrler ve akademik ­alēĸmalarda da 

gºze ­arpan ortamdaki kērēlma indisi deĵiĸiminden yararlanarak sēvēnēn 

mevcudiyetini tespit etmekte kullanēlan fiber optik sistemlerdir. 

Bunun haricinde belli baĸlē basēn­ sensºrleri incelendiĵinde ise temelde kondansatºr 

plakalarēnēn arasēndaki alanēn basēncēndaki deĵiĸim sonucu kondansatºr kapasitesinin 

deĵiĸmesi prensibine dayanan kapasitif basēn­ ºl­me sistemleri, strain gage (gerilim 

ºl­er) kullanarak ĸekil deĵiĸikliĵinden yararlanan basēn­ sensºrleri, Load Cell (Y¿k 

H¿cresi) tipindeki sistemler ve ¿zerine gelen basēnca gºre elektrik akēmē/gerilim 

oluĸturan Piezoelektrik basēn­ ºl­me sistemleri gºze ­arpar. 

Bu sistemler genellikle hassasiyet sorunlarēna sahiptirler. ¥rneĵin ultrasonik sēvē 

seviye sistemlerinin otomotiv uygulamalarēnda sēvē y¿ksekliĵi Ñ1mm hassasiyetine 

sahipken basēn­ ºl­¿m¿nde kullanēlan sensºrler  50-100 kPa hassasiyetlerde 

­alēĸērlar. 

Bu noktada sēvē seviyesi tespit yºntemlerinde bir eksiklik olduĵu gºr¿lm¿ĸ, ve 

y¿ksek teknolojiye sahip, hassasiyet a­ēsēndan sorunu olmayan bir alternatif 
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arayēĸēna girilmiĸtir, ve sēvē seviyesi ºl­¿m¿nde uygulamalarē olmasa da, farklē 

alanlarda ­ēĵēr a­an yepyeni bir yºnteme rastlanmēĸtēr.  

Bahsedilen ­alēĸmanēn teorisi, bundan uzun yēllar ºnce fēsēldama tonundaki seslerin 

dairesel bir galerinin ­evresi boyunca yansēyarak ­evresel olarak uzak mesafelerde 

duyulmasē sonucu bulunmuĸ olup Fēsēldayan Galeri Modu (Whispering Gallery 

Mode (WGM)) ismini almēĸtēr. G¿n¿m¿zde ise WGM uygulamalarēnda, lazer ēĸēĵē, 

mikro k¿reciklere temas ettiĵi noktada tam yansēmalar meydana getirip dairesel bir 

yºr¿nge izlemektedir. Dairesel yºr¿nge boyunca tam yansēmalarla ilerleyen lazer 

ēĸēĵē dalga boyunun tam katlarēnda m¿kemmel bir ĸekilde ¿st ¿ste gelerek ilerlemeye 

devam eder. Ancak bu m¿kemmel ­akēĸmalarēn bir sonucu olarak, k¿reciklerin 

yºr¿ngelerinden ge­en ēĸēk sinyalinde rezonanslar meydana gelir. 

Teorinin gereĵi olarak, k¿renin kērēlma indisi veya ĸekli deĵiĸtiĵi zaman bu 

rezonanslar da yer degiĸtirmektedir. Bu durumda k¿renin ¿zerine uygulanan basēn­ 

veya kuvvet sonucu k¿renin ĸeklinde veya yarē­apēnda bir farklēlēk olduĵu taktirde,  

mevcut rezonanslarēn yeri deĵiĸecek, ve bu deĵiĸim bir yazēlēmla takip edildiĵi 

taktirde mikro k¿reciĵe uygulanan basēn­ veya kuvvet bulunabilecektir. Bu yºntemin 

en ºnemli avantajlarēndan biri, bu prensibe gºre ­alēĸan sensºrlerin y¿ksek 

hassasiyete sahip oluĸlarēdēr. Diĵer bir ºnemli avantaj ise sensºr¿n giriĸ ve ­ēkēĸēnda 

sadece d¿ĸ¿k enerjili lazer ēĸēĵē olmasēndan dolayē her t¿rl¿ patlayēcē veya yanēcē 

ortamda sorunsuz ve tehlikesiz ­alēĸabilecek olmasēdēr. 

Bu tip bir sēvē seviye sensºr¿ geliĸtirmek fikriyle Southern Methodist ¦niversitesi 

(SMU, Dallas, TX) Makine M¿hedisliĵi bºl¿m¿ Mikro Sensºrler laboratuarē ziyaret 

edilmiĸ, ve benzeri WGM uygulamalarē ¿zerinde ­alēĸmalar yapēlarak yºntemin sēvē 

seviyesi ºl­¿m¿ne uygulanabilirliĵi incelenmiĸtir. Bu konuda ­ok sayēda makale 

incelendikten, ve SMUôdaki konunun uzmanlarē ile fikir alēĸveriĸinde bulunulduktan 

sonra WGM prensibinin sēvē seviyesi ºl­¿m¿nde kullanēlabileceĵi kararēna 

varēlmēĸtēr. Bu kararēn alēnmasēnēn ardēndan teorinin detaylarēna inilerek, ­alēĸma 

prensibi doĵrultusunda en uygun deney d¿zeneĵi ve sensºr prototipinin nasēl olmasē 

gerektiĵine dair ºn ­alēĸmalar yapēlmēĸtēr. Bu teorik ­alēĸmalarda da bir fikir birliĵine 

varēldēĵē noktada, SMU Mikrosensºrler laboratuarlarēna bizzat gidilmiĸ, ve WGM 

prensibi ile ­alēĸan yeni bir sēvē seviye sensºr¿ geliĸtirme ¿zerinde ­alēĸmalara 

baĸlanmēĸtēr. Geliĸtirilen ­eĸitli sensºr prototipi ve deney d¿zeneĵi kullanēlarak nihai 

tasarēma ulaĸēlmēĸ, ve nihai tasarēmla ilk ºnce sēvē olmayan ortamda gaz basēn­larēnē 

ºl­mek ¿zere bir d¿zenek kurularak ilk deneyler yapēlmēĸtēr. Deneylerde baĸarēlē 

sonu­lar elde edilmesini takiben sēvē seviye ºl­¿m¿ dene d¿zeneĵinin kurulmasē 

­alēĸmalarēna baĸlanmēĸ, ve bu aĸamada ºzellikle sensºr¿n sēvē altēnda ­alēĸacak 

ĸekilde sēzdērmazlēĵa karĸē korunmasēna ºzen gºsterilmiĸtir. Bu aĸamalardan sonra 

bir konteynēr i­ine yerleĸtirilen sensºr ­alēĸmaya baĸlamēĸ, ve ­ok ­eĸitli kereler 

konteynēra su doldurma ve boĸaltma saĵlanarak, sensºr¿n ­eĸitli durumlardaki 

davranēĸē gºzlemlenmiĸ, ve b¿t¿n bu deneyler s¿resince veri toplanmēĸtēr.   

Deneylerde toplanan datalar gºstermiĸtir ki WGM rezonans kaymalarēnēn sēvē 

seviyesi deĵiĸimlerine verdiĵi karĸēlēk, diĵer bir deĵiĸle sensºr¿n hassasiyeti lineer 

bir eĵri halini almaktadēr. Grafikler incelendiĵinde eĵriler, 0,9967-0,9993 arasēnda 

deĵiĸen RĮ deĵerleri ile m¿kemmele yakēn bir korelasyon ile doĵru teĸkil etmektedir. 

 ¦stelik bu davranēĸ sēvē seviyelerine veya doldurma boĸaltma s¿relerine baĵlē 

olmaksēzēn ­eĸitli seviyelerde tekrar etmektedir, ki bu durum sonu­larēn g¿venilirliĵi 

a­ēsēndan son derece ºnemlidir.  



  
xxvii  

Elde edilen deĵerler fiziksel olarak incelendiĵinde ise, 1 Pa seviyesindeki deĵiĸimin 

gaz basēncē deneylerinde 5,93 pm seviyelerinde rezonans kaymalarēna sebep olduĵu, 

sēvē basēncē deneylerinde ise 3,12 pm seviyelerine kadar rezonans kaymalarēna 

ulaĸēlabileceĵi gºr¿lmektedir. Bir baĸka deĵiĸle eksenler yer deĵiĸtirdiĵinde ºzellikle 

sēvē seviyesi ºl­¿m¿ deneylerinde 0,033-0,053mmôlik su seviyesi deĵiĸimlerinin, 

laser spektrumunda 1 pmôlik kaymaya neden olduĵu gºr¿lebilir. Burada belirtmek 

gerekir ki sonu­lar yine m¿kemmele yakēn bir lineerlikle ortaya ­ēkmaktadēr. 

Bu sonu­lara ek olarak hata hesabē yapēldēĵēnda deney d¿zeneĵine sēvē doldurulurken 

% Ñ1,126, deney d¿zeneĵindeki sēvē boĸaltēlērken ise % Ñ1,137 seviyelerinde 

doĵruluk deĵerleri elde edilmiĸtir. Burada dikkat edilmesi gereken bir husus, gerek 

gaz basēncē, gerekse de sēvē seviyesi ºl­¿mlerinde kullanēlan referans cihaz olan 

basēn­  dºn¿ĸt¿r¿lerin ¿retici verilerine bakēldēĵēnda bu cihazlarēn %Ñ1 doĵruluĵa 

sahip olduklarēdēr. Dolayēsēyla ileride yapēlacak ­alēĸmalarda deney d¿zeneĵinde 

daha y¿ksek doĵruluĵa sahip ekipmanlarēn kullanēlmasē ile beraber doĵruluk 

deĵerlerinin daha da iyileĸeceĵi tahmin edilmektedir.  

Bu ­alēĸmanēn sonucunda, otomotivden uzay-u­ak sanayi ve havacēlēĵa, tēptan 

savunma sanayine, ve benzeri ­ok ­eĸitli alanlarda basēn­ ve sēvē seviyesi ºl­¿m¿ 

yapabilecek lazer-optik teknolojisi temelli yepyeni ve ileri teknoloji ¿r¿n¿ hassas bir 

basēn­ sensºr¿ tasarēmē, deneysel sonu­larē ile beraber sunulmuĸtur. 
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1.  INTRODUCTION  

In today's world, electronics are developing much faster than anything, which 

enables us to develop better systems, and control them precisely. Technological 

developments are affecting every industry one by one, therefore sensors are being 

used nearly in every application of aeration, space, naval, automotive, civil, 

mechanical, industrial, electronics and computer engineering as well as advanced 

medicine, medical sciences and many other areas.  

There are many sensors controlling the mechanical systems. This study is focused on 

specific techniques for liquid level measuring. For example oil level sensor used in 

automotive industry has a critical importance due to the fact that it controls the oil 

levels and warns the driver for dangerously low levels. Otherwise oil loss without 

detection, may cause extensive damage. 

Although there are many different applications for liquid level measuring, two of 

them are the most common techniques. There is a wired resistive sensor which works 

with the principle of resistance difference.  When the current passes the resistance, it 

creates a voltage, which is different than the reference, or in other words it measures 

the difference in output and input voltages due to changing oil levels. But the main 

problem of the sensor is it is not capable of making any precise measurements, the 

best it can reach is Ñ 5 mm of liquid height difference. 

 The second type of sensor is an ultrasound transmitting one which works with the 

sonar principle; the sensor sends ultrasonic waves from the mounted locations which 

is the bottom of the sump, and when the sound waves reach the liquid surface, they 

reflect back to the sensor. When the sensor gets the reflected waves the sofware 

just calculates the distance out of the time of wave transmitting in the liquid. This is a 

better technology a higher precison of  Ñ 2mm. 

 To improve sensitivity,  cooperative studies have been started with one of the main 

sensor developers in the industry, Hella GmbH. Hella  uses the ultrasonic principle in 

their sensors, and they have a sensor which is being mounted to the bottom of the oil 
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sump, which has been redesigned to work inside oil with higher precision. Many 

studies have been performed with Hella, and developed a new sensor by using Finite 

Element Analysis. After making numerous analysis on the current sensor, a new 

design was developed. The new design was safe under engine vibrations, to keep 

stress and strain levels very much below of tensile limits of the material. Also, when 

analyzing according to fatigue conditions,  the new sensor has been designed as safe 

as the current one. The main problem was the restrictions of the manufacturer about 

keeping the damping cap design same, to be able not to affect the ultrasonic wave 

propagations. Development studies performed on the sensor excluding the damping 

cap, therefore there is no way to improve sensitivity  of the sensor. 

When considering  these issues, many different techniques used in the industry 

analyzed one bye one. There are many different types of approaches to sensors 

detecting the validity and level of the liquids: there are sensors working with 

archimedes' principle [2], sensors using transmittal of lambda waves [18], sensors 

using ultrasound waves in aero space applications [10], and even optical methods 

detecting the validity of the liquid using the changes in the refractive indexes [6], [5], 

and etc.  

There is another method, called the Whispering Gallery Mode, which has been 

founded theoretically many years ago, but it has been started using in 

advanced electronics by using laser optics just a few years ago [19-23]. This method, 

has been investigated in detail and used for developing a novel liquid level sensor. 

1.1 Purpose of the Thesis 

The main objective of this study is to develop a novel liquid level sensor, with high 

precision and safety against explosion to be able to operate in many different fields 

of industry. For this aim, by using laser optics technology based on Whispering 

gallery mode phenomenon, a unique liquid level sensor has been built, which has 

precise measurement results, and can also work under flammable liquid conditions. 

1.2 Background 

The first studies about Whispering Gallery Mode (WGM) theory was started almost 

a century ago with the work of Lord Rayleigh, who studied propagation of 
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soundwaves over a curved gallery surface. Earlier researchers have found that 

microresonators used in WGM have extremely high quality factors (Q) in the optical 

domain [43]. 

In a related study, Microspherical (50-500 ɛm diameter) glass resonators with Q 

factors excessing 10
10

 values have been demonstrated, and Q factors as high as 10
11 

are, in principle, possible [44]. 

In recent times whispering gallery modes have found new fame with the 

development of nano-optics. In the modern version of a Whispering Gallery Mode, 

laser light is coupled into a circular waveguide, such as a glass ring. When the light 

strikes the boundary of the ring at a grazing angle it is reflected back into the ring.  

The light wave can make many trips around the ring before it is absorbed, but only 

frequencies of light that fit perfectly into the circumference of the ring can do so. If 

the circumference is a whole number of wavelengths, the light waves superimpose 

perfectly each trip around.   

This perfect match between the frequency and the circumference is called a 

resonance, or whispering-gallery mode.  

Whispering gallery modes occur at particular resonant wavelengths of light for a 

given droplet size.  At these wavelengths, the light undergoes total internal reflection 

at the particle surface and becomes trapped within the particle. In other words, WGM 

occurs when light travels in a dielectric medium of circular geometries. The droplet 

behaves like a low-loss optical cavity with the light circulating for timescales on the 

order of nanoseconds [46]. 

Whispering Gallery Modes of dielectric microspheres have attracted interest with 

proposed applications in a wide range of areas due to the high optical quality factors 

that they can exhibit.  

In mechanical sensing application, the dielectric microsphere is optically coupled to 

a single mode fiber which carries light from a tunable laser and serves as an 

input/output port for the microsphere. When the microsphere comes into contact with 

an exposed section of the fiber core, its optical resonances are observed extremely 

narrow (with very high Q values) and thus are highly sensitive to any change in the 

morphology of the sphere (shape, size, or refractive index) . Moreover, the resonance 
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frequencies will shift with the changes of the microsphere size and/or the optical 

properties of the surrounding medium.  

A study about geometrical theory of whispering gallery modes indicates that, 

axisymmetric dielectric bodies have very high quality-factors, when sphere and torus 

shapes have been examined by Richtmyer. However, it has been seen that in the case 

of simplest axisymmetric geometry, different from ideal sphere or cylinder, no closed 

analytical solution has been found. While the microspheres in the theory of WGMs, 

are well established and allows precise calculations [54]. 

In the literature, there are many WGM based measurement techniques, which have 

been proposed for biological applications, especially detection of various molecules, 

mechanical sensing including temperature, force, pressure, acceleration, wall shear 

stress, magnetic field etc which will be discussed further in detail.  
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2.  SENSORS 

Sensors are essential components of  electronic control systems. Sensors are defined 

as ñdevices that transform (or transduce) physical quantities such as pressure or 

acceleration into output signals (usually electrical) that serve as inputs for control 

systemsò. Starting in the late 1970s, microprocessor-based engine control modules 

were phased in to satisfy federal emissions regulations. These systems required new 

sensors such as MAP (manifold absolute pressure), air temperature, and exhaust-gas 

stoichiometric air-fuel-ratio operating point sensors. Today the need for sensors is 

evolving and progressively growing. For example, in engine control applications, the 

number of sensors used will increase from approximately 10 in 1995, to more than 

30 in 2010 [8]. 

Computer controlled systems continually monitor the operating condition of today's 

mechanical systems. Sensors convert temperature, pressure, speed, position and other 

data into either digital or analog electrical signals. The computers use the sensor data 

to control different systems through the use of actuators, which is an 

electromechanical device such as a relay, solenoid or motor.  

2.1 Sensor Types 

In general,  there are three main categories of sensors [35]: 

2.1.1 Switch sensors  

2.1.1.1 Phototransistor 

A phototransistor is a transistor that is activated or turned on by light. When 

combined with a LED and a rotating slotted wheel in a vehicle speed sensor, a 

phototransistor can supply vehicle speed data to a computer [35]. 

2.1.1.2 Reed switches 

The reed switch is an electrical switch actuated by the field from an external 

permanent magnet or electromagnet placed in close proximity.  This field causes the 
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reeds to become magnetic, the ends are attracted and the contacts either open or 

close. Removal of the magnetic field allows the springy reeds to restore the contacts 

to their original state. 

2.1.2 Resistive sensors  

2.1.2.1 Thermistor  

It is a type of resistor whose resistance varies significantly with temperature, more so 

than in standard resistors. Thermistors are widely used as inrush current limiters, 

temperature sensors, self-resetting overcurrent protectors, and self-regulating heating 

elements. 

2.1.2.2 Potentiometer 

A potentiometer is a variable resistor that is commonly used as a sensor.It  is a 

mechanical device whose resistance can be varied by the position of the movable 

contact on a fixed resistor. The movable contact slides across the resistor to vary the 

resistance and as a result varies the voltage output of the potentiometer. The output 

becomes higher or lower depending on whether the movable contact is near the 

resistor's supply end or ground end [37]. 

2.1.2.3 Piezo-resistive 

A piezo resistive sensor is a resistor circuit constructed on a thin silicon wafer. 

Physically flexing or distorting the wafer a small amount changes its resistance. This 

type of sensor is usually used as a pressure sensing device such as a manifold 

pressure sensor, although it may also be used to measure force or flex in an object 

such as the deceleration sensor located in the SRS air bag center sensor. 

2.1.3 Voltage generating sensors  

2.1.3.1 Piezo electric 

Piezo electricity is generated by pressure on certain crystals, such as quartz, which 

will develop a potential difference, or voltage, on the crystal face. When the crystal 

flexes or vibrates, an AC voltage is produced [35]. 
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2.1.3.2 Oxygen sensors 

The oxygen sensor  located in the exhaust manifold of an engine, senses whether the 

air-fuel ratio is rich or lean, and sends signals to the ECU which in turn makes minor 

corrections to the amount of fuel being metered. This is necessary for the three-way 

catalytic converter to function properly. There are two kinds of oxygen sensors: 

Zirconia oxygen sensor and Titania oxygen sensor. 

2.1.3.3 Magnetic inductance 

Magnetic inductance sensors consist of a coil of wire around an iron core plus a 

permanent magnet. The magnet can be either stationary or movable. If the magnet is 

the moving member, as it passes the coil the magnetic lines of force cut through the 

coil and a voltage is produced. Since the north and south poles of the magnet 

alternate as they pass the coil, the voltage41 polarity also alternates. As the speed of 

the magnet rotating past the coil is increased a larger voltage is produced and the 

frequency of the voltage polarity changes is increased.  
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3.  LEVEL MEASUREMENT SENSORS 

Level is measured at the position of the interface between phases of liquid/gas, 

solid/gas, or liquid/liquid, and where the level is simply a measure of height. It 

defines the position of the interface, that is, the surface where the two phases meet 

with respect to a reference point.  

The level measurement can either be continuous or point values. Continuous level 

sensors measure level within a specified range and determine the exact amount of 

substance in a certain place, while point-level sensors only indicate whether the 

substance is above or below the sensing point [30]. 

Direct level measurement methods employ physical properties such as fluid motion 

and buoyancy, as well as optical, thermal, and electrical properties. [29].  

Indirect level measurement involves converting measurements of some other 

quantity, such as pressure to level by determining how much pressure is exerted over 

a given area at a specific measuring point, the height of the substance above that 

measuring point can also be determined. 

3.1 Level Sensor Types  

Level sensors detect the level of substances that flow, including liquid, granular 

materials, and powders.  

When selecting a measuring device, it is important to consider the operating 

parameters and the physical and chemical properties of the process materials. 

There are many different types of level sensors summarized in the following 

sections. 
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3.1.1 Mechanical sensor 

3.1.1.1 Floating system 

Floats work on the simple principle of placing a buoyant object with a specific 

gravity intermediate between  those of the process fluid and the headspace vapor into 

the tank, then attaching a mechanical device to read out its position. While the float 

itself is a basic solution to the problem of locating a liquid's surface, reading a float's 

position (i.e., making an actual level measurement) is still problematic. Early float 

systems used mechanical components such as cables, tapes, pulleys, and gears to 

communicate level. Today magnet-equipped floats are the most popular types [27]. 

3.1.1.2 Buoyancy method 

Buoyancy is an upward acting force exerted by a fluid, that opposes an object's 

weight an it is based on Archimedeôs principle .  

The mechanical level indicator consists of the immersion body with calibrated 

measuring spring which transmits the change of level to the mechanical or electrical 

indicator [27]. 

3.1.1.3 Vibrating level systems 

An electronic circuit excites the blade of probe to its resonant frequency, and when 

material comes into contact with the blade, vibration is damped causing switching of 

the relay. This device is suitable for control maximum levels of solids and liquids in 

many types of applications (e.g. foods, grains, granules, pellets, cement, powder) 

3.1.2 Hydrostatic pressure methods 

Displacers, bubblers, and differential-pressure transmitters are all hydrostatic 

measurement devices. Any change in temperature will therefore cause a shift in the 

liquid's specific gravity, as will changes in pressure that affect the specific gravity of 

the vapor over the liquid [41]. 

3.1.2.1 Bubbler systems 

This technology is used in vessels that operate under atmospheric pressure. A dip 

tube having its open end near the vessel bottom carries a purge gas  into the tank. As 

gas flows down to the dip tube's outlet, the pressure in the tube rises until it 
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overcomes the hydrostatic pressure produced by the liquid level at the outlet. That 

pressure is monitored by a pressure transducer connected to the tube [41]. 

3.1.2.2 Differential pressure level detectors 

The differential pressure detector method of liquid level measurement uses a  

detector connected to the bottom of the tank being monitored.   The higher pressure, 

caused by the fluid in the tank, is compared to a lower reference pressure (usually 

atmospheric) [38].   

3.1.2.3 Displacers 

Displacers work on Archimedes' principle. The displacer's density is always greater 

than that of the process fluid (it will sink in the process fluid), and it must extend 

from the lowest level required to at least the highest level to be measured. As the 

process fluid level rises, the column displaces a volume of fluid equal to the column's 

cross-sectional area multiplied by the process fluid level on the displacer. A buoyant 

force equal to this displaced volume multiplied by the process fluid density pushes 

upward on the displacer, reducing the force needed to support it against the pull of 

gravity. The transducer, which is linked to the transmitter, monitors and relates this 

change in force to level. 

3.1.3 Electrical methods 

3.1.3.1 Conductivity probes 

The Conductivity Probe determines the ionic content of an aqueous solution by 

measuring its conductivity. It consists of two main parts: the anode (positive) and the 

cathode (negative). The probe is activated when a voltage is applied to the system. 

This puts force onto the charged ions in the solution, which pushes them to either the 

anode or cathode depending on their charge [39]. 

3.1.3.2 Capacitance probes 

A capacitor is formed when a level sensing electrode is installed in a vessel. The 

metal rod of the electrode acts as one plate of the capacitor and the tank wall (or 

reference electrode in a non-metallic vessel) acts as the other plate. As level rises, the 

air or gas normally surrounding the electrode is displaced by material having a 
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different dielectric constant. A change in the value of the capacitor takes place 

because the dielectric between the plates has changed.  

3.1.3.3 Optical level switches 

An optical level switch works by emitting a beam of infrared light within a prism and 

measuring the amount of light received. When the measured fluid reaches the sensor 

the amount of emitted light received drops thus triggering the contacts. As the sensor 

is detecting the state between material covering or not covering the prism it can be 

used to detect the presence or absence of fluid thus preventing damage to pumps.  

3.1.3.4 Microwave level systems 

Radar level measurement is based on measuring the transit time of high frequency 

(GHz) electromagnetic energy transmitted from an antenna at the top of the tank and 

reflecting off the surface of the level medium; the higher the dielectric of the 

medium, the stronger the reflection. 

3.1.3.5 Nuclear level systems 

The nuclear level switch is based on the detection of radiations emitted by a 

radioactive source. When radiation transmit through material it will be absorbed, 

scattered or transmitted without any reaction. 

3.1.3.6 Ultrasonic level detectors 

Ultrasonic level sensors measure the distance between the transducer and the surface 

using the time required for an ultrasound pulse to travel from a transducer to the fluid 

surface and back. 

3.2 Literature Review 

In the literature, there are also many different techniques for measuring the liquid 

levels. Some of them are: Archimedesô principle, ultrasonic wave propogation 

techniques, radar, fiber optics etc.  

In the study of Prune University, India [2],  a cantilever beam is mounted into the 

liquid tank, and Archimedesôs principle rises the beam through the liquid, and load 

cell measures the deflection. Generally these kind of easy to build basic type sensors 

have low accuracies  around %2, but this system has a lot better in accuracy Ñ 0.5%, 
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and still works in a wide temperature range: -40c  +80C. This sensor is an example 

for easy to build, cheap, easily calibrateable liquid level sensor. 

Another method uses ultrasonic lambda waves was developed in Russia, 2002 with 

the cooperation of Radio engineering and electronics instute of Russia, 

Gazavtomatika company of Russia and Milwaukee Universityôs Electics and 

Computer department [18]. 

Principle of this study based on the changing characteristics of lambda waves in the 

liquid environment. Lambda waves has an advantage that they can continue their 

ways(or in other ways propogate) in such situations that acoustic waves do reflect 

because of various obstacles. 

There are a couple of upper level detector transducers, and lower level transducers. 

The main principle is the difference of the wave characteriscits of lambda waves in 

the liquid and in the air are different, so by this differecence min and max levels can 

be easily detected. This sensor works well in North of Russiaôs oil areas bewteen -

40ÁC and +60ÁC [17]. 

Another method developed and performed by NASA Langley research center and 

Old Dominion University is called and ultrasonic level sensor for liquids working 

under high pressure. [11]. 

Liquid level sensors are generally make continious measurements under up to 1000 

psi of pressure, but such situations like liquid oxygen transfer to the rocket engine, 

etc. needs high amounts of liquids to be transferred by high pressure around 6000 

psi. For this aim, new and special sensors have been generated. 

The principle is basic, transducer send an ultrasonic wave, and propogating waves 

are being reflected  from the liquid surface. The transit time can be easily converted 

to distance (H=CLT/2) and the liquid level can be calculated by this equation.  

Another method using ultrasonic wave propogation was developed in 2001 by 

BFGoodrich airplane advanced sensors department [10]. The importance and 

difference of this study comes from the application field rather than the working 

principle. In the airplane industry because the weights are very important, the 

importance of this study can be easily understood. 
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The principle is the same with the study before, sending and collecting ultrasonic 

waves, and finding the liquid levels according to the wave transfer times. The 

difference comes from the importance of temperature difference, where a newly 

landed airplane is around  -30ÁC, water/fuel on the ground is around 12ÁC. 

With Ñ1mm accuracy, measurement error reduces with the increasing amount of 

water into the tank. This sensor works well between -40ÁC and +70ÁC. 

A totally different method is the usage of fiber optics in liquid level measurement 

was performed by Gauhati University in 2007 [6]. 

Fiber optic cables reflects the laser/light signal when in the air, but when the density 

difference reduces, it transfers the laser light to the liquid environment, therefore 

sensor detects the liquid environment as shown in Figure 3.1. 

 

Figure 3.1 :  Fiber optical liquid level measurement experiment setup [6]. 

 

One obstacle may be the dirt in the liquid, another can be the length of the fiber optic 

cable which can reduce the light signal reponse. In ideal conditions, fiber optic cables 

are capable of reaching  5 micron precision, with high accuracy and repeatability, 

that no other sensor can match. 

Another study made by Parma university in Italy, 2005 [5]. When in air, most of the 

light rays reflect back, but when located in water light rays continue their way, 

therefore reflected signalsô decrease shows that the optical fiber tip is inside water. 

That means within  the materials natural boundaries (-20ÁC ile +70ÁC) usage of 

optical fibers are easy, accurate and inexpensive. 
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4.  OIL LEVEL SENSOR  

When looking at the current oil level sensors used in automotive industry, two main 

OLS types appear: 

Å Wire resistance type level sensors 

Å Ultrasonic type level sensors  

The sensor using resistance wire, are mainly reliable in statical measurements, but 

are not capable of getting dynamic measurements. 

A resistance wire which is designed to cover both the maximum and minimum liquid 

levels is heated by sending a constant current through it. The voltage drop across the 

wire depends on the amount of heat that is dissipated from the wire to the 

surrounding medium. The voltage drop value is compared to values in a look-up 

table where voltage-drop versus temperature is listed. 

 

Figure 4.1 :  Different types of resistance wire OLS [23]. 
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Figure 4.2 :  Resistance Wired Level Sensor in its assembled position [23]. 

When focused on the ultrasonic level sensor, it can be seen that itôs principle is 

measuring the time frame between transmitting and receiving of ultrasound wave. 

The ultrasound wave reflects from the liquid surface, and returns back to the 

receiver, and because if the speed of sound is known in the specific environment, 

which is oil in this situation, so the distance from receiver to the liquid surface can be 

calculated easily. 

Ultrasonic type level sensors have advantages in dynamic measurements, 

nevertheless they are more complex and more expensive when compared to the 

resistance wire type level sensors. However, Ultrasonic sensors are not suitable for 

using in every application. When the container vibrates under certaiēn conditions, air 

bubbles get formed in the liquid. Therefore, the soundwaves propagating from the 

sensor reflects from these bubbles instead of reflecting from the surface and cause 

false signals.  
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Figure 4.3 :  The working principle of the ultrasonic level sensors. 

4.1 Hella Oil Level  Sensors 

Oil-level sensors ensure that the engine oil does not become dangerously low without 

being noticed. Current Hella sensors work according to the delay principle of 

ultrasound waves in liquid medium [22]. Ultrasound technology has already been 

used successfully for years in different applications. The challenge for liquid level 

measurement applications is in the special adaptation of wavelength and pick-up 

characteristics as well as the choice of suitable structure and connection technology 

[34].   

 

Figure 4.4 :  The components of a specific Hellaôs oil level sensor [34]. 
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The ultrasonic oil level sensor can measure the oil level continuously, i.e. both in the 

dynamic and in the static range. It thus provides information about the oil level 

within the whole period of engine operation, which can often be several hours in the 

case of construction machinery, tractors and fork lift trucks.  

 

Figure 4.5 :  Sketch of ultrasonic level sensor [33]. 
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4.2 Oil Level Sensor Design Concept & Fem Analysis 

The current ultrasonic sensor has many problems including bubbling, sensitivity etc. 

Therefore the target of the Hella cooperated study was to work on the mechanical 

design (material, sealing, mounting) and integrate the ultrasonic oil level sensor 

inside the liquid container.  

In the FE analysis, the worst case scenario is having an outside temperature of -40ÁC, 

while the temperature of the oil in the container is 160ÁC. During the analysis, it is 

going to be pretended that there is not enough oil in the container, to minimize the 

damping effect. 

For FEM simulation, material properties have been assigned to sensor parts. A 

composite of Polyamide and Glassfiber (PA66-GF35) has been used for the main 

body parts, while fixings are CuZn39Pb3 and grounding is CuNi10Fe1Mn. 

(APPENDIX A ) 

As expected, current design can withstand vibrations when the base is outside, and 

the sensing part is inside the oil pan.  

Sensor manufacturer insisted on keeping the damping cap design. Therefore after 

making various analysis, it has been agreed to keep the damping cap section, which 

propagates the sound waves, so a new sensor design has been developed as shown in 

Figure 4.6. 

 

Figure 4.6 :  The new oil level sensor design. 
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4.3 Meshing 

The first part of the anaylsis is the meshing stage. Each part of the sensor have been 

meshed separetly, for having optimum element size. 

After meshing, all of the sensor parts assembled by glueing operation. In glueing 

operation, distance between the surfaces have been assigned to be lower than 0.25 

mm. 

 

Figure 4.7 :  Meshing. 

 

In the Figure 4.8., brown arrows demonstrate the "Surface-to-surface gluing", which 

bonds the solid bodies together. 
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Figure 4.8 :  Gluing operation. 

4.4 Modal Analysis 

The goal of modal analysis is  to determine the natural mode shapes and frequencies 

of an object or structure during free vibration. It is common to use the finite element 

method (FEM) to perform this analysis because, like other calculations using the 

FEM, the object being analyzed can have arbitrary shape and the results of the 

calculations are acceptable. The types of equations which arise from modal analysis 

are those seen in eigensystems [24].  

The physical interpretation of the eigenvalues and eigenvectors which come from 

solving the system are that they represent the frequencies and corresponding mode 

shapes. Sometimes, the only desired modes are the lowest frequencies because they 

can be the most prominent modes at which the object will vibrate, dominating all the 

higher frequency modes. 

4.4.1 Modal analysis results 

By solving the model, the natural frequencies and the stress-strain values of each 

mode have been found.The results of the modal analysis can be seen in Table 4.1. 

According to the results, modes 7,8,9 having the frequencies 1635 Hz, 2187Hz, and 

2413Hz have higher stress and strain values exceeding the material limits. But 

because these frequencies are all over the testing limits according to DIN EN 60068-

2-6, the new design is safe according to modal analysis.  

http://en.wikipedia.org/wiki/Modal_analysis
http://en.wikipedia.org/wiki/Finite_element_method
http://en.wikipedia.org/wiki/Finite_element_method
http://en.wikipedia.org/wiki/Eigensystem
http://en.wikipedia.org/wiki/Eigenvalues
http://en.wikipedia.org/wiki/Eigenvectors
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Table 4.1 : Displacements/strains of all modes. 

Load Case 1 : Number of Iterations = 9 
    

  Displacement (mm) Stress (mN/mmĮ(kPa)) 

  X Y Z Magnitude Von-Mises 

Min 

Principal  MaxPrincipal  Max Shear 

Mode 1 ,1.456e+000 Hz 

Max 1.093e+000 4.554e-001 5.137e+000 1.482e+001 2.616e+000 1.121e+000 2.542e+000 1.377e+000 

Min  -1.442e+001 -2.322e+000 -9.734e+000 1.799e-001 4.679e-004 -3.626e+000 -1.945e+000 2.588e-004 

Mode 2 ,2.303e-001 Hz 

Max 3.953e+000 1.944e+000 2.508e+000 1.138e+001 9.552e-001 1.809e-001 1.185e+000 5.213e-001 

Min  -3.804e+000 -1.129e+001 -1.709e+000 4.182e-001 1.497e-005 -8.029e-001 -1.715e-001 7.821e-006 

Mode 3 ,4.830e-001 Hz 

Max 4.320e+000 3.877e+000 2.337e+000 7.462e+000 2.237e+000 2.408e+000 4.457e+000 1.161e+000 

Min  3.271e+000 -1.019e+000 -5.399e+000 4.122e+000 1.771e-005 -1.940e+000 -6.088e-001 1.008e-005 

Mode 4 ,1.100e+000 Hz 

Max 3.075e+000 9.187e+000 2.359e+000 1.018e+001 2.057e+000 1.259e+000 2.804e+000 1.115e+000 

Min  -5.783e+000 -1.145e+000 -6.669e+000 3.863e+000 1.779e-004 -1.815+000 -6.019e-001 9.967e-005 

Mode 5 ,1578e+000 Hz 

Max 2.324e+000 1.709e+001 9.184e+000 1.767e+001 4.182e+000 2.432e+000 4.853e+000 2.329e+000 

Min  -4.456e+000 -2.895e+000 -3.438e+000 1.264e+000 4.969e-004 -4.102e+000 -2.121e+000 2.805e-004 

Mode 6 ,3.160e+000 Hz 

Max 5.013e+000 7.102e+000 -.108e-001 1.329e+001 1.635e+000 8.248e-001 2.228e+000 8.946e-001 

Min  -7.524e+000 -1.327e+001 -6.563e-001 1.146e-001 1.924e-004 -3.150e+000 -1.361e+000 1.102e-004 

Mode 7 ,1.635e+003 Hz 

Max 3.673e+000 4.716e-001 1.146e+001 2.247e+001 1.549e+006 1.346e+006 2.520e+006 8.143e+005 

Min  -2.237e+001 -4.544e-001 -1.202e+001 2.242e-002 2.537e+001 -2.883e+006 1.550e+006 1.437e+001 

Mode 8 ,2.187e+003 Hz 

Max 5.794e+000 7.376e-001 1.749e+001 1.840e+001 2.877e+006 3.308e+006 6.018e+006 1.468e+006 

Min  -5.770e+000 -2.644e+000 -3.929e+000 1.535e-001 2.439e+002 -3.612e+006 -1.459e+006 1.396e+002 

Mode 9 ,2.413e+003 Hz 

Max 7.191e-001 2.481e+001 8.345e+000 2.538e+001 3.133e+006 6.241e+005 3.328e+006 1.673e+006 

Min  -7.208e-001 -9.215e+000 -1.320e+001 2.434e-002 -9.336e+002 -3.260e+006 -1.010e+006 5.381e+002 

Load Case 1 Summary 

Max 5.794e+000 2.481e+001 1.749e+001 2.538e+001 3.133e+006 3.308e+006 6.018e+006 1.673e+006 

Min  -2.237e+001 -1.327e+001 -1.320e+001 2.242e-002 1.497e-005 -3.612e+006 -1.550e+006 7.821e+006 

 

 

4.5 Stress-Strain Analysis  

The frequency vs acceleration values obtained from the Volkswagen Automotive test 

spec, according to DIN EN 60068-2-6 which is accepted as an industry standart  have 

been used during the analysis. 
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Table 4.2 : The frequency vs. acceleration values. 

Frequenz (Hz) Amplitude der Beschleunigung 

[m/sĮ] 
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Figure 4.9 :  Frequency vs. acceleration values. 

Frequency vs. Acceleration used in the analyzing software can be seen in Table 4.2 

and Figure 4.9. 
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Figure 4.10 :  Displacement, strain and stress figures at both temperature limits (-

40Ü C and +160Ü C). 

4.5.1 Stress-strain analysis results 

According to the stress-strain analysis under test conditions, oil level sensor faces a 

stress value under 0.21 MPa, which makes no deformations when compared with 

Yield Stress  & Ultimate Tensile Strength values of the materials which have values  

between 150-200MPa.  

When considering these results, the design is completely safe. 

4.6 Fatigue Analysis 

To see the effects of the cycling loads, the model has been analyzed according to the 

Fatigue conditions.  

For this aim Fatigue Strength Coefficient, Fatigue Strength Exponent, Fatigue 

Ductility Coefficient and Fatigue Ductility Exponent values have been inserted into 

the material database.  
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Figure 4.11 :  Fatigue safety factor ï Element ï Nodal. 

4.6.1 Fatigue analysis results 

The expected lifetime is above 10^36 cycles, and safety factors have minimum 

values of 25.76 for fatigue and 2.796 for strength. According to these findings,it can 

be said that, the new desing is absolutely safe according to fatigue properties under 

cycling loading of test conditions. 

Although this new ultrasound sensor design is safe, it is indifferent by means of 

sensitivity and has similar problems with the current sensor. So it has been agreed 

that a completely new sensor should be designed to get rid of the current problems 

and to reach higher sensitivity values. 

For this aim, different sensor applications in the literature has been investigated and 

finally a unique theory has been differentiated  with high sensitivity and wide range 

of applications. 

This method which is named as Whispering Gallery Mode, will be evaluated in the 

following sections in detail. 
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5.  WHISPERING GALLERY  MODES THEORY  

5.1 Whispering Gallery Mode: Background/Development Stages 

The whispering gallery is located in the dome of St Paul's Cathedral, London, and 

has the curious property that if two people stand at opposite sides of the gallery, at a 

distance of 42 meters, and one whispers into the wall of the dome, then the other 

person can hear what is being said. Interestingly the effect does not work if one 

speaks normally, giving the gallery its name. The reason for this strange effect is that 

the sound bounces along the wall of the gallery with very little loss, and so can be 

heard at a great distance. The reason it does not work if you speak normally is that 

the increased amplitude of the noise allows it to circulate the gallery multiple times, 

and so the sounds all get mixed up and can no longer be heard properly. It can be 

viewed that there is a narrow region near the edge of the dome where the waves 

propagate most efficiently, and this is known as a 'whispering gallery mode' in 

honour of gallery where it was discovered [25].  

The study of WGMs was started almost a century ago with the work of Lord 

Rayleigh, who studied propagation of sound over a curved gallery surface. In 1909, 

Debye derived equations for the resonant eigenfrequencies of free dielectric and 

metallic spheres that naturally take into account WGMs. Generalized properties of 

electromagnetic resonances in dielectric spheres were widely discussed afterwards, 

with emphasis on the microwave, not optical, modes of the spheres. 

The first observations of WGMs in optics can be attributed to solid-state WGM 

lasers. Laser action was studied in Sm:CaF2 crystalline resonators. The size of the 

resonators was in the millimeter range. In liquid resonators, WGMs were first 

observed by elastic light scattering from spherical dielectric particles. It was 

recognized that WGMs could help in measurements of spherical particle size, shape, 

refractive index, and temperature. Earlier researchers have been found that 

Whispering gallery modes of micro spherical and other micro-resonators are known 

to have extremely high quality factors (Q) in the optical domain [42]. 
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Microspherical (50-500 ɛm diameter) glass resonators with Q factors excessing 10
10

 

values have been demonstrated, and Q factors as high as 10
11 

are, in principle, 

possible [44]. 

In recent times whispering gallery modes have found new fame with the 

development of nano-optics. In the modern version of a whispering gallery, laser 

light is coupled into a circular waveguide, such as a glass ring. When the light strikes 

the boundary of the ring at a grazing angle it is reflected back into the ring.   

The light wave can make many trips around the ring before it is absorbed, but only 

frequencies of light that fit perfectly into the circumference of the ring can do so. If 

the circumference is a whole number of wavelengths, the light waves superimpose 

perfectly each trip around.   

This perfect match between the frequency and the circumference is called a 

resonance, or whispering-gallery mode.  

Whispering gallery resonators always experience a certain amount of tunnel-leakage 

of the radiation from the confined mode. This leakage or radiation loss increases as 

the diameter of the cavity is reduced (scaled by the wavelength). It also depends on 

the refractive index contrast between the resonator material and the surrounding 

medium. Whispering gallery loss is therefore controlled by appropriate selection of 

the resonator diameter, the refractive index, and also the operational wavelength of 

the laser [46]. 

Whispering gallery modes occur at particular resonant wavelengths of light for a 

given droplet size.  At these wavelengths, the light undergoes total internal reflection 

at the particle surface and becomes trapped within the particle. The droplet behaves 

like a low-loss optical cavity with the light circulating for timescales on the order of 

nanoseconds. 

Whispering Gallery Modes of dielectric microspheres have attracted interest with 

proposed applications in a wide range of areas due to the high optical quality factors 

that they can exhibit. WGM occurs when light travels in a dielectric medium of 

circular geometries. After repeated total internal reflections at the curved boundary, 

the electromagnetic field can close on itself and give rise to resonances. If the 

dielectric medium is a microsphere, one obtains a very small mode volume and high 

finesse. In order to couple light in or out of the microsphere, it is necessary to utilize 

overlapping of the evanescent radiation field of WGMs with the evanescent field of a 
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phase-matched optical fiber or waveguide. Photons tunnel from the eroded optical 

fiber to the microsphere if their refractive indices are very close.  

In mechanical sensing application, the dielectric microsphere is optically coupled to 

a single mode fiber which carries light from a tunable laser and serves as an 

input/output port for the microsphere. When the microsphere comes into contact with 

an exposed section of the fiber core, its optical resonances are observed extremely 

narrow (with very high Q values) and thus are highly sensitive to any change in the 

morphology of the sphere (shape, size, or refractive index) . An interesting 

phenomenon in WGM is that the resonance peaks in the light intensity spectrum 

curve is very sharp and the intervals between two successive peaks are very stable. 

Moreover, the resonance frequencies will shift with the changes of the microsphere 

size and/or the optical properties of the surrounding medium.  

  

Figure 5.1 :  WGM shifts. 

WGM shifts have caused by the total internal reflections occured in the microsphere. 

The laser light comes into the microsphere in its contact point in the tapered film, 

and the light undergoes total internal reflections in the sphere. 

5.2 Geometrical Theory Of Whisperēng Gallery Modes 

A study about geometrical theory of whispering gallery modes indicates that, 

axisymmetric dielectric bodies have very high quality-factors, when sphere and torus 

shapes have been examined by Richtmyer. 
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However after this study, it has been seen that in the case of simplest axisymmetric 

geometry, different from ideal sphere or cylinder, no closed analytical solution has 

been found. While the microspheres in the theory of WGMs, are well established and 

allows precise calculation of eigenmodes, radiative losses and field distribution both 

analytically and numerically [53] . 

There are many studies regarding high Q WGM dielectric disk resonators [53] and 

cylindrical optical microcavity resonators [56] 

Figure 5.2 shows a Summary of the Most Commonly Used Whispering Gallery 

Mode Resonant Cavity Geometries, along with the Materials Used to Fabricate Them 

and the Corresponding Quality Factors. 

 

Figure 5.2 :  Most commonly used wgm resonant cavity geometries [53]. 

 

5.3 Applications And Studies  Based On Wgm Principles 

In the literature, there are many studies regarding WGM phenomenon, a number of 

WGM based measurement techniques have been proposed for biological 

applications, especially detection of various molecules, mechanical sensing including 

temperature, force, pressure, acceleration, wall shear stress, magnetic field, etc.  

5.3.1 Microlasers 

An early study in year 2000 indicates that an angle-polished fiber coupler can be 

implemented to couple an optical fiber to the microsphere to generate Whispering 

Gallery Modes. [49] 

Another early study about microlasers in completed in 2001 indicates that, a novel 

hybrid-fiber-taper based laser coupling configuration has been proposed, in which 
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the microsphere has been coupled using a single fiber taper that was a combination 

of 980-nm single mode fiber (SMF) and 1550-nm SMF [50]. 

5.3.2 Optical switching 

In an early study, a high-Q nonlinear cylindrical microcavity resonator has been 

proposed, and the transmission of an integrated optical waveguide close to a 

microcavity has been measured and related to the resonances of the cylindrical 

microcavity. Which can be accepted as a base to coupling phonemenon  [53]. 

Optical microsphere resonators are also attractive systems for both fundamental 

physics research in the field of cavity quantum electrodynamics and for the use in 

optoelectronic devices [56]. 

5.3.3 Biosensor 

A biosensor is an analytical device for the detection of an analyte that combines a 

biological component with a physicochemical detector component. Optical 

Biosensors provides the most comprehensive analysis of optical biosensors and 

relevant technologies to date. There are some studies about optical biosensors based 

on WGM principles. 

One of studies about biosensors, which uses disk shaped resonators, that has been 

used for the detection of biological materials with high sensitivity. The principle of 

the device depends on monitoring the change in transfer characteristics of the disk 

resonator when biological materials fall onto its active area  [51]. 

Another study related with optical biosensors shows that, the need for miniaturized 

and sensitive instruments for bio-detecting has accelerated the development of 

micrometer-scale optical biosensors. According to the researchers, in biosensor 

applications microspheres have some problems like lack of size control during 

fabrication, and difficulty in integration with other optical components, but 

microdisk shaped resonators can work successfully in biosensor applications. 

Researchers indicate that SiO2 microdisks with high Q factors and diameters ranged 

from 400-1200 micron and thicknesses of 1 and 15 microns have been fabricated on 

Si substrates. Also since the fabrication process used in the study is compatible with 

that in standard microfabrication, the sensors can be easily integrated with other 

electronic and optical components on a semiconductor chip [32]. 

http://en.wikipedia.org/wiki/Analyte
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As a means of determining the sensitivity and feasibility of the microdisk structure as 

a sensing device, Q-factor was calculated and sensing performance was observed. 

The optical resonances of the WGM modes in the disks were evidenced by dips in 

the intensity and an increase in the temperature resulted in longer resonant 

wavelengths. This effect is reversible; a decrease in temperature results in shorter 

resonant wavelengths [40]. 

The results of an another study about biodetection show that silica resonators provide 

the lowest material losses and highest Q factors. Also semiconductors such as silicon 

have been used to reach Q factors of more than 500,000 [5] and polymer-ring 

resonators have been used to achieve Q factor values of more than 100,000 [23ï25]. 

However, these Q factors are several orders of magnitude lower than for the silica 

ultrahigh-Q microcavities, such as microtoroids [6] or microspheres [2], which reach 

Q factor values ranging from 500 million to 10 billion [46]. 

Another study about the High-Q Whispering-Gallery Mode Sensor In Liquids shows 

that optical biosensors are typically transducers that detect the presence of molecules 

at a surface. The basic detection scheme is that binding of molecules to the micro-

resonator surface induces an optical change proportional to the amount of bound 

molecules, so in short researchers just measure the change on the characteristics of 

the resonator, such as Q factor [43]. 

The results of the study about detecting biomolecules optically shows that, it is 

required to use micro fabricated glass surfaces with surface coatings to minimize 

nonspecific binding, without changing the optical properties of the sensor. According 

to this study, Q factor factors of the WGM microspheres have values greater than 

1010 in air, and greater than 109 in a variety of solvents, including methanol, H20 

and phosphate buffered saline(PBS). In other words WGM type optical biosensors 

are extremely sensitive, nondestructive, and capable of sensing almost any kind of 

molecule, chemical and pre-biotic as well as biological. [42] 

5.3.4 Micro sensors 

A study about micro-optical force sensor concept shows that WGMs can be excited 

evanescently coupling light from a tunable diode laser using a tapered single-mode 

fiber, and applying a compressive force generates a change in both the shape and the 

index of refraction of the sphere leading to a shift in WGM. By tracking these shifts, 
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the force magnitude can be determined using solid silica as well as solid and hollow 

Polymethyl-methacrylate (PMMA) microsphere resonators [14]. 

Another paper investigates the feasibility of a WGM-based microsensor for electric 

field measurement. It has been found by the elastic deformation (strain) of a 

dielectric material occurred under the force exerted by an electrostatic field. The 

results of the analysis indicates that detection of electric fields as small as ~500V/m 

may be possible using water filled, hollow solid polydimethylsiloxane (PDMS) 

microspheres. The electric field sensitivities for solid spheres, on the other hand, are 

significantly smaller, resulting that solid PDMS spheres work well for 

electrostriction, which is the elastic deformation (strain) of a dielectric material under 

the force exerted by an electrostatic field [3]. 

In the study of Iopollo, Ayaz and ¥t¿genin the name of High Resolution force based 

on morphology dependent optical resonances of polymeric spheres, performance 

characteristics of a force sensor concept based on the morphology dependent 

resonance (MDR) shifts of micro-optical resonators have been investigated. It has 

been stated that the microsphere sensors with diameters ranging between 300 and 

950 microns may have force resolutions reaching 10
-5

N. According to the study, 

MDRs can be observed as sharp dips in the transmission spectrum with very high Q 

factors. According to the study, when the resonances are extremely narrow, with very 

high Q factors, they  become highly sensitive  to any change in the morphology of 

the sphere. Therefore any instantaneous change in the morphology of the 

microsphere will cause a shift in the resonance position allowing for the precise 

measurement of the mechanical effect.As an important result of this study shows that 

decrease of both sphere diameter and youngôs modulus results in increasing 

sensitivity. [4].  

Another study which belongs to Iopollo, ¥t¿gen, and Marcis, shows that the 

mechanical modes of dielectric microspheres can be excited by simultaneously 

imposing static and harmonic magnetic fields. Therefore by monitoring and tracking 

WGM shifts, the detection of small magnetic fields is possible [15]. 

There are some studies analyzing the effect of hydrostatic pressure on solid and 

hollow microsphere optical resonators. The researchers have expressed that the 

pressure-induced WGM shifts of hollow polymethyl methacrylate (PMMA) 

microspheres were monitored, and found that the effect of atmospheric pressure 
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variations on silica resonators is negligible, but hydrostatic pressure may be effective 

in the optical tuning of hollow polymer spheres, because of the higher sensitivity of 

the hollow microspheres [13]. 

In an another study about resonators shows that, when applications of whispering-

gallery mode resonators in photonics and nonlinear optics have been investigated, it 

has been seen that open dielectric resonators based on complete internal reflection 

has become an alternative to the usual optical resonators. Modern dielectric optical 

resonators have cylindrical, spherical, spheroidal/toroidal, ring, and other shapes and 

topologies with various confining principles [58] 

A method has been developed to fabricate microtube resonators with strong 

whispering-gallery-mode emission but with quality factors only up to 3000. The 

microcylindrical or microcapillary dielectric resonators have generated significant 

interest due to their small size and material compatibility with telecommunication 

optical fibers [59] 

5.3.5 Solar cells 

Light Absorption Enhancement In Thin-Film Solar Cells Using Whispering Gallery 

Modes In Dielectric Nanospheres indicates that whispering gallery modes in 

dielectric nanospheres can be used for the enhancement of light absorption (light 

trapping) in thin film solar cells. When resonant dielectric spheres are in proximity to 

a high-index photovoltaic absorber layer, incident light can be coupled into the high-

index material and can increase light absorption. another important benefit of this 

structure for photovoltaic application is its spherical geometry that naturally accepts 

light from large angles of incidence. [57] 

5.4 Q Factor   

In physics and engineering the quality factor or Q factor is a dimensionless parameter 

that a higher Q indicates a lower rate of energy loss relative to the stored energy of 

the oscillator In other words oscillators with high quality factors have low damping 

so that they ring longer. [45] 

The quality factor ratio ( llD/ ) can also be demonstrated as the fraction of resonant 

wavelength (l) over width of the resonance wavelength (lD )[16]. As pointed 
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above, ñQuality Factorò is a measure of how well an optical resonance is. In other 

words, when the Q factor is high, then the determination of very small morphology 

dependent shifts (WGM) of optical spheres become possible. 

The very high quality factors Q of microspheres may be attributed to several factors. 

One is that the dielectric materials for microspheres, fiber grade fused silica, have 

ultra-low optical loss at the frequencies of the supported whispering gallery modes. 

Another is that the surface of the sphere is specially fabricated to minimize the size 

of any surface inhomogeneities, e.g., on the order of a few A by processes such as 

fire polishing; these can scatter photons out of the WG mode and decrease the Q. 

Although Q-values approaching material loss limits of 10
9
 have been reported in the 

Literature, calculations and experimental results generally pointed values around 10
6
-

10
7
 , and accepted as 10

7 
in WGM experiments [12] 

5.5 Evanescent Field Phenomenon 

The evanescent field is coupled, (bound) to an Electromagnetic Wave or mode, 

propagating inside the waveguide. It is a kind of surface wave, and thus in 

Fiber optics, the evanescent field may be used to provide coupling to another fiber. 

[47] 

In optics, evanescent-wave coupling is a process by which electromagnetic waves are 

transmitted from one medium to another by means of the evanescent, exponentially 

decaying electromagnetic field. That means Coupling is a process, that is usually 

accomplished by placing two or more electromagnetic elements close together so that 

the evanescent field generated by one element does not decay much before it reaches 

the other element [48]. 

 

http://www.timbercon.com/Electromagnetic-Wave.html
http://www.timbercon.com/Fiber.html
http://www.timbercon.com/Coupling.html
http://en.wikipedia.org/wiki/Optics
http://en.wikipedia.org/wiki/Electromagnetic_wave
http://en.wikipedia.org/wiki/Electromagnetic_field
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Figure 5.3 :  Coupling devices (a) Prismcoupler, (b) half block coupler, (c) angle 

polished fiber coupler, and (d) fiber taper coupler [53]. 

5.6 Fiber Optic Coupler  

A Fiber optic coupler is a device used in optical fiber systems with one or more input 

fibers and one or several output fibers. Light entering an input fiber can appear at one 

or more outputs and its power distribution potentially depending on the Wavelength 

and polarization. Such couplers can be fabricated in different ways, for example by 

thermally fusing fibers so that their cores get into intimate contact. If all involved 

fibers are single-mode (supports only a single mode per Polarization direction for a 

given wavelength), there are certain physical restrictions on the performance of the 

coupler. In particular, it is not possible to combine two or more inputs of the same 

optical Frequency into one single-polarization output without significant excess 

losses. However, such a restriction does not occur for different input wavelengths: 

there are couplers which can combine two inputs at different wavelengths into one 

output without exhibiting significant losses. Such couplers are used. Wavelength-

sensitive couplers are used as multiplexers in wavelength-division multiplexing 

(WDM) telecom systems to combine several input channels with different 

wavelengths, or to separate channels. [26] 

http://en.wikipedia.org/wiki/Optical_fiber
http://en.wikipedia.org/wiki/Light
http://en.wikipedia.org/wiki/Power_distribution
http://en.wikipedia.org/wiki/Wavelength
http://en.wikipedia.org/wiki/Polarization
http://en.wikipedia.org/wiki/Coupler
http://en.wikipedia.org/wiki/Multiplexer
http://en.wikipedia.org/wiki/Wavelength-division_multiplexing
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5.7 Laser Physics 

The word ólaseró is an acronym for light amplification by stimulated emission of 

radiation. It is worth noting that the term ólightô refers to a wide spectrum of 

wavelengths from soft x-ray, through ultraviolet (UV) and visible to far infrared (IR). 

The two most important basic principles for laser science are the quantum nature of 

light and a process called stimulated emission (both accredited to Einstein). The 

quantum nature of light refers to light quantised into photons. 

The laser is a light source that exhibits unique properties. Since the first 

demonstration of a ruby laser by Maiman in 1960, there has been a phenomenal 

development in the field of lasers. Lasers are used in thousands of applications in 

every section of modern society, including consumer electronics, information and 

communications technology, entertainment, science and industry, the medical field 

and defence. The laser triggered the photonics revolution and is the foundation of 

modern photonics [49]. 

Lasers range in size from tiny diode lasers to large systems the size of a football 

field. All of these have three basic properties in common, which separate lasers from 

ordinary light sources: monochromaticity, directionality, coherence. 

Conventional light sources emit light consisting of a broad range of wavelengths (i.e. 

colours); a laser, on the other hand, emits only a very narrow range of wavelengths. 

Conventional light sources, like a light bulb, emit light in all directions, while lasers 

can emit light that spreads (ódivergesô) only very little with distance. However, all 

laser beams eventually diverge as they move through space. 

Some consider coherence to be the most fundamental property of laser light, i.e. 

where all parts of the electromagnetic waves are in phase. 

A laser basically consists of three parts: a resonant optical cavity called the optical 

resonator, a laser gain medium (also called active laser medium) and a pump source 

to excite the particles in the gain medium.  

The optical resonator consists of at least two mirrors between which the light 

bounces up and down resonantly. In most cases, one or more mirrors are curved, so 

that a resonant optical mode forms. This mode defines the laser beam. Modern 

dielectric mirrors used in lasers typically have a reflectivity of up to 99,9%. 
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However, one of the end mirrors is usually only partially reflective, so that a portion 

of the light is transmitted. This mirror is called the output 

coupler. The transmitted part forms the laser output. 

In order to operate, the laser requires a gain medium in the resonator, which 

amplifies light and thus compensates for the loss through the output coupler. Lasers 

are typically classified by the type of gain medium they employ (gas laser, solid-state 

laser, dye laser, semiconductor laser, etc.). The stimulated emission process takes 

place in the gain medium. 

The gain medium amplifies light of any direction. However, only the light that 

bounces up and down between the resonator mirrors is amplified many times and 

therefore reaches a high intensity. In a continuous wave (CW) laser, the gain in the 

laser gain medium and the loss from the output coupler plus other losses are in 

equilibrium. The fact that the photon energy has to match a given energy transition 

makes the laser monochromatic. Since the amplification process maintains the phase 

and direction of the light, the laser output is directional and coherent. 

The active particles in the laser gain medium need to be in a state of inversion for the 

laser to operate. To reach this state requires some pumping process, which lifts them 

into the required energy state. Typical pumping processes are electrical current in a 

gas or semiconductor laser or optical pumping in a solid-state or dye laser. Optical 

pumping is typically achieved either by flash lamps or by another laser. 

5.8 Theory And Equations 

Geometric optics provides the simplest interpretation of the WGM. The laser light 

from the optical fiber is coupled to the microsphere nearly tangentially, and 

approaches the interior surface of the sphere beyond the critical angle, thereby 

experiencing a total internal reflection along the interior surface of the microsphere. 

Trapped inside the microsphere, the light circumnavigates the interior surface of the 

sphere. A resonance is realized when light returns to its starting location in phase. 

Thus, the approximate condition for resonance is [4]: 

ς“ὲὥ ɢʇ (5. 1) 

ʇ = vacuum wavelength of laser,  
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n0 = refractive index , 

a =  radius of sphere,  

l  = integer indicating the circumferential mode number.  

Equation 5.1 [4] is a first order approximation and holds for ὥ ʇ.. At resonance, 

light experiences constructive interference in the sphere which is observed as dips in 

the transmission spectrum through the optical fiber. A minute change in the size or 

the refractive index of the microsphere will lead to a shift in the resonance 

wavelength as:                                                             

Ὠ‗

‗

Ὠὲπ
ὲπ

Ὠὥ

ὥ
 

(5.2) 

In a WGM-based force sensor concept, uniaxial force is applied on the sphere along 

the polar direction (normal to the plane of light circulation) through two high-

stiffness plates. The applied force induces a change in both the radius (strain effect) 

and the refractive index (through mechanical stress) of the sphere. 

The studies reported in 2008 by Southern Methodist University, Mechanical 

Engineering Department , an analytical framework was developed for the force 

sensors. Specifically, expressions were developed for WGM (Morphology dependent 

resonances, WGM) shifts in sphere sensors due to force applied in the polar 

direction. The analysis accounts for both the strain and stress effects in determining 

the WGM shifts. Using these expressions, a systemic analysis is carried out to 

determine the sensitivity, resolution, an bandwidth limits of force sensors based on 

WGM shifts of polymeric microspheres.  
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5.8.1 Systemic analysis 

 

Figure 5.4 :  a) Microsphere with applied force; (b) contact geometry; (c) 

transmission spectrum [4]. 

 

5.8.1.1 Stress and strain in a solid dielectric microsphere 

When a solid dielectric sphere of radius a that is compressed by two pads made of 

high stiffness material. The applied force F will lead to a mechanical stress field 

inside the microsphere.  

 

Figure 5.5 :  An experiment setup of a WGM force sensor (a), microsphere and its 

tapered fiber in detail (b)  [14]. 
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It will also deform the sphere (strain), leading to a WGM shift, as depicted in 

Fig.5.2(c). The deformation of the sphere can be obtained by solving the Navier 

equation [4]: 

ᶯό
ρ

ρ ς’
ᶯɳȢό πȟ 

(5.3)  

u = displacement of a given point within the sphere, 

’ = Poisson ratio. 

For a symmetric loading,  the expresion is: 

Õ ! Î ρ ὲ ς τ’Ò "Îὶ 0 ÃÏÓגȟ (5.4) 

r  = radial coordinate, 

 ,polar coordinate = ג

ur = radial component of displacement, 

Pn       = Legendre polynomial, 

An    Bn = constants determined by the boundary condition at the sphere surface. 

For an elastic body along with the stress-displacement relationship, the stress 

distributions within the sphere are obtained as: 

 

„ ςὋ ὃ ὲ ρ ὲ ὲ ς ς’ὶ

ὄὲὲ ρὶ ὖ ÃÏÓȟ‮ 
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ʎ ς' ! Î ςÎ ρ ςʉÒ " Î ρὶ
Ä0ÃÏÓג

Äג
 (5.5) 

G =  shear modulus of the sphere material.  

Neglecting the friction at the contact point between the sphere and the plates, the 

boundary conditions are: 

ʎÒÒÁ
Ðגȟ
πȟ
        π ג ʌ     ÄÎÁ   π‮ πג ג ʌ 
πג ג ʌ                            πȟג

 

 

„ὶὥ‮ π       π ‮ “ȟ 

 

 

(5.6) 

where angle .erehps eht dna etalp eht neewteb tcatnoc eht fo tnetxe eht senifed ‮ 

The pressure p exerted by plates of infinite stiffness on the sphere is given by 

Ðג
σὊ

ς“ὥ
ὥ ὥίὭὲȟ‮ 

(5.7) 

a0  = the radius of contact area, as shown in Fig. 5.2(b).  

It should also be noted that F in the formula, consists of hydrostatic pressure, times 

the area of the metal boss Ὂ ὖ ὼὃ  (which is constant) used in the liquid 

level experiments. 

In order to obtain coefficients An and Bn in Eqs. (5.4) and (5.5), the boundary 

condition given in Eq. (5.6) has to be expanded in terms of the Legendre polynomial 

in the following form:  

„ ὥ Ὄὖ ὧέί (8.5) ‮  

Then the coefficient Hn is obtained as: 

(Î ςÎρ 

Ø 0 ÃÏÓג
σ&

ςʌÁ
 Á ÁÓÉÎג ίὭὲ Ὠ‮‮ 

 

 

(5.9) 

By satisfying the boundary condition, Eq. (5.6), for Eqs. (5.5) and (5.8), coefficients 

An  and Bn are obtained as follows: 
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(5.10) 

Once coefficients An  and Bn are obtained, strain (displacement ) and the stress fields 

can be calculated by substituting Eq. (5.10) into Eqs. (5.4) and (5.5), respectively. 

5.8.1.2 Force-induced WGM shift in a solid dielectric microsphere 

For the solid microsphere, the last term in Eq. (5.2) can be calculated by evaluating 

Eq. (4.4) at r=a and then dividing it by the sphere radius a [4]:  

ÄÁ

Á

(

τ'Î ςÎʉ Î ʉ ρ

ς τÎ ʉτÎ ςÎ τ

Î ρ
0 π 

(5.11) 

Next determining the effect of stress on refractive index perturbation, dn0/n0, in Eq. 

(5.2). NeumannïMaxwell equations provide the relationship between stress and 

refractive index as follows: 

Î Î #ʎ # ʎ ʎ  

Î Î #ʎ # ʎ ʎ  

Î Î #ʎ # ʎ ʎ  

(5.12) 

Here nr ,n◒ ,n◖ are the refractive indices in the direction of the three principle stresses 

and n0r ,n0◒ ,n0◖ are those values for the unstressed material. Coefficients C1 and C2 

are the elasto-optical constants of the material, and for both PMMA and PDMS, 

C1=C2. For PMMA C1=C2=C=ī10ī10 m
2
 /N  and for PDMS this value is C1=C2=C= 

ī1,75x10
ī10  

m
2
/N. Thus, for a spherical sensor, the fractional change in the 

refractive index due to mechanical stress is reduced to: 

Ὠὲ

ὲ

ὲ ὲ

ὲ

ὲ ὲ

ὲ

ὲ ὲ

ὲ

ὅ„ „ „

ὲ
 Ȣ (5.13)  

There are different kinds of sphere materials showing different responses to the 

measurements.  
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Table 5.1 shows the different sphere materials and their specific values like Youngôs 

modulus, index of refraction and Elasto-optical constant ï which all are related with 

the WGM measurement results. (Below) 

Table 5.1 : The different sphere materials and their specific values. 

Material  Youngôs 

Modulus 

(Kpa) 

Poisson 

coef. 

Density 

(kg/mį) 

Index of 

refraction  

Elasto-Optical 

constant 

(mĮ/N) 

Silica 73x10
6
 0.17 2200 1.467 C1=4.22x10

-12
 

PMMA 3.18x10
6
 0.35 

1170-

1200 

1.489 C1=C2=10x10
-11

 

PDMS 3-1000 0.5 
1050 1.375 C1=C2=-1.75x10

-

10
 

PnHMA - - 1010 1.481 - 

 

In the present WGM optical sensor, light is traveling in a plane that is normal to the 

applied force. Thus, evaluating the appropriate expressions for stress in Eq. (5.5) at 

 and r=a, and introducing them into Eq. (5.13), the relative change in the 

refractive index due to force F is obtained as [4]: 

Äὲ

ὲ

ὅ

ςὲ

(ὲÎ ρ Îς σÎ τ τʉÎ

Îς ςʉÎ Î ʉ ρ
0 π 

(5.14)  

Equations (5.11) and (5.14) represent the effect of strain and stress, respectively, on 

the WGM shift of the solid dielectric sphere. Plugging these into Eq. (5.2), the total 

WGM shift is obtained as: 

Äʇ

ʇ

(

ςÎ ςÎʉ Î ʉ ρ

ς τÎς ʉτÎς ςÎ τ

Î ρς'

#Î ρ Îς σÎ τ τʉτʉÎ

Îπ
0 πȢ 

(5.15) 

Pressure is the force per unit area applied in a direction perpendicular to the surface 

of an object (P=F/A) [63]. Equation (5.15) shows the change of total WGM shifts, 

while Hn includes force (F) term, therefore the theory shows that there is a direct 

proportion between the Force/Pressure applied on the sphere, and the WGM shifts as 

Ὠ‗
‗. When the equations come together, Ὠ‗

‗ becomes: 

http://en.wikipedia.org/wiki/Force_(physics)
http://en.wikipedia.org/wiki/Area
http://en.wikipedia.org/wiki/Perpendicular
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(5.16) 

 

In the formula above, PDMS spheres have elasto-optical constant values as,  

ὅ ὅ ὅ ὅ  ρȟχυ ρπ  ά ὔ,  

Shear Modulus:  

Ὃ
Ὁ

ςρ ’

ρπππ Ὧὖὥ

ς ρ πȟυ
σσσȟσσ Ὧὖὥ 

(5.17) 

values, and angle dna etalp eht neewteb tcatnoc eht fo tnetxe eht senifed hcihw ,‮ 

the sphere varies between 0 and  “. 

Therefore this relationship indicates a direct proportion between the external pressure 

applied on the sphere and WGM shifts, which will be investigated further by 

experimental methods. 

5.8.2 PDMS 

PDMS is an elastomer that is a mixture of two components: a base and a curing 

agent. By changing the ratio between the base and the curing agent, it is possible to 

obtain elastic materials with Youngôs modulus ranging between 3 and 1000 kPa 

(corresponding to a base to- curing agent volume ratio of 60:1 and 10:1, 

respectively). 
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Figure 5.6 :  A typical PDMS sphere. 

A typical PDMS sphere between 200-600 micrometer can be seen above.The sphere 

diameters can be arranged according to the type of measurement and required 

sensitivity. 

5.8.2.1 PDMS sensor 

Polydimethylsiloxane (PDMS) belongs to a group of polymeric organosilicon 

compounds that are commonly referred to as silicones. PDMS is the most widely 

used silicon-based organic polymer, and is particularly known for its unusual flow 

properties. 

The PDMS microspheres were manufactured by dipping the tip of a silica fiber 

inside a freshly mixed PDMS polymer pool. A number of PDMS microspheres were 

manufactured using different mixture ratios, thereby having different Youngôs 

moduli  [36]. 

The Young modulus of a PDMS microsphere is substantially smaller than that of 

PMMA sphere of the same diameter resulting in comparable sphere deformations at 

much smaller force levels. Thus, determining the sensitivity of the PDMS force 

sensors is a more challenging task; the load-cell based measurement setup of would 

not provide sufficient resolution for sensor calibration. Moreover, since the force 

levels in these calibrations are (<10
ī6

 N), even the aerodynamic forces due to air 

currents (air drafts and natural convection) would have considerable adverse effect.  

In order to account for the sphere deformation, a Hertz-contact analysis was carried 

out on the spheres for a range of force values. Using this force versus deformation 
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data and modeling the sphere as a linear spring system, the equivalent spring 

constant ksphere was determined for each sphere size and PDMS mixture ratio used in 

the experiments. Then, the equivalent spring constant of the beam-sphere system was 

determined as [4]:  

ρ

Ë

ρ

Ë

ρ

Ë
ȟ 

(5.17)  

Where the spring constant for the beam is: 

ρ

Ë

σ%ʌ$

φτ,
Ȣ (5.18) 

 

Here, E is the Young modulus, D is the diameter, and L is the length of the silica 

beam. The force exerted on the sphere is then calculated as 

& Ëɿ ȟ (5.19) 

 

where ŭ is the displacement of the translation stage and is determined by the 

Michaelson interferometer signal as: 

ɿ Ì
ʇ

ς
 (5.20) 

 

Here, l is an integer and ɚm is the wavelength of the HeïNe, laser (632.8 nm). The 

WGM shift dependence on the applied force for a solid PDMS microsphere of 910 

ɛm diameter with base-to-curing agent volume ratio of 50:1 (E =10 kPa). The figure 

indicates a strong agreement between the experiments and Eq. (5.15). 
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6.  EXPERIMENT AL METHOD  

6.1 Sensor Design 

Southern Methodist University Mechanical Engineering Facultyôs micro sensors lab 

has been visited to investigate their studies regarding WGM microsensors for the 

first time, and for the second time it was revisited for a longer period of time to 

develop the actual novel liquid level sensor.  

WGM based Micro Sensors technology is suitable for many different applications, 

therefore after studying deeply on the theory, and making further discussions with 

the researchers, a novel liquid level sensor based on WGM principle has been 

designed, and successful results have been achieved in the experiments. 

 

Figure 6.1 :  WGM sensor sketch [7]. 

 

 

Figure 6.2 :  Sensor design. 


